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Abstract: This paper presents an improved control approach to be used for piezoelectric actuators.
The proposed approach is based on sliding mode control with estimation perturbation (SMCPE)
techniques. Also, a proportional–integral–derivative (PID)-type sliding surface is proposed for
position tracking. The proposed approach has been studied and implemented in a commercial
actuator. A model for the system is introduced, which includes the Bouc–Wen (BW) model to represent
the hysteresis, and it is identified by means of the System Identification Toolbox in Matlab/Simulink.
Experimental data show that the proposed controller has a better performance when compared to
a proportional-integral (PI) controller or a conventional SMCPE in motion tracking. Furthermore,
a sub-micrometer accuracy tracking can be obtained while compensating for the hysteresis effect.
Keywords: sliding mode control; piezoelectric actuator; hysteresis; nonlinear system; precise position
control; robust control
1. Introduction
Piezoelectric actuators (PEAs) and micropositioning stages based on piezoelectric actuation are
frequently used in a variety of applications where an ultrahigh precision motion is required [1].
They are used in micropositioning applications due to their characteristics, namely, high position
resolution (nanometers or below), maximum blocking force (around hundreds of N), high stiffness,
wide bandwidth, and very short response time. However, the nonlinear nature of the piezo-driven
stages (typically suffering from drift, creep, and hysteresis) cause difficulties in its use in real
applications. In particular, the hysteresis, which is the nonlinear relationship between the input
(applied voltage) and output (displacement) that depends on both present and past inputs at the PEA,
may induce a severe open-loop position error at the PEA which can reach as high as 10%–15% of the
stage travel range. Therefore, in order to create high-precision PEA applications, the hysteresis should
be compensated for. Creep, on the other hand, appears only in open-loop operations and could be
eliminated by means of a closed-loop control strategy [2].
The successful compensation of hysteresis may be achieved by selecting adequate control
strategies [3]. Frequently, hysteresis is compensated for by implementing a feedforward control that
implements the inverse of any hysteresis model, such as the Preisach, Duhem, Maxwell, and Bouc–Wen
(BW) models [4,5], or the Prandtl–Ishlinskii model [6]. However, since most hysteresis models are only
applicable for some particular input signal frequencies, a combination of feedforward with feedback
control is typically adopted for precision motion tracking [7].
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Moreover, considering that modelling the hysteresis is a complex task, several approaches based
on plant model identification without considering the hysteresis have been analyzed, based on
different techniques such as PID (proportional–integral–derivative) control [8], H∞ robust control [9],
inversion-based techniques [10], controllers based on linearized dynamic neural network models [11],
or Pi–sigma fuzzy neural networks [12].
Another approach relies on considering the hysteresis as a disturbance or an uncertainty. In
such cases, sliding mode control (SMC) techniques [13] have proven to be efficient and simple
ways to deal with model imperfections and uncertainties for nonlinear systems [14,15]. SMC is
an approach for controlling nonlinear systems by driving the trajectory of the state of the system
onto a specified sliding surface and keeping it over this surface for the subsequent time. However,
in conventional SMC design, the uncertainties must be bounded a priori. This typically yields to
overconservative controllers, which may introduce two drawbacks: Poor tracking performance and
undesirable oscillations in the control signal. Enhanced versions of the conventional SMC, aimed at
overcoming these drawbacks, have been proposed, such as the adaptive sliding-mode position control
in [16], or the so-called sliding mode control with perturbation estimation (SMCPE) in [17]. In this
second improved version, the restriction of knowing the uncertainty bounds of the system is replaced
by a strategy for estimating the perturbations online [17]. There are several implementations of SMCPE
in the literature, for example in [18] for multiple frequency trajectory tracking or in [19] with a discrete
reaching law with quasi-sliding-mode domains.
As described in [17], the existing SMCPE is featured with a proportional-derivative (PD)-type
sliding surface and constant control gains. However, the commonly used PD sliding surface produces
a slow response speed that may not be adequate for some systems. For that reason, an integral term
was also introduced in the definition of the sliding variable [20]. As reported in [21], the traditional
SMC with a PID sliding surface offers a faster transient response with a smaller steady-state error.
Hence, SMC with a PID sliding surface has sometimes been adopted [22]. In this paper, a PID-type
sliding surface has been introduced into the conventional SMCPE to establish a SMCPE–PID controller
aimed at providing a faster transient response. This control scheme has been studied and implemented
in a commercial actuator.
In the rest of the paper, the experimental setup of the piezoelectric actuator used is described in
Section 2.1 and the dynamic model of the actuator with the Bouc–Wen hysteresis model is discussed in
Section 2.2, including the voltage–displacement curve modelling and model parameter identification.
Then, in Section 2.3, the design of a conventional SMCPE and an improved SMCPE controller with a
PID sliding surface is developed, based on the model established before. Experimental studies are
carried out later in Section 3, with the designed controllers and the results discussed. Finally, Section 4
contains the conclusions of the paper.
2. Materials and Methods
2.1. Experimental Setup
Commercial devices were used for the experiments in which the proposed controllers were
implemented. The experimental setup for the PEA is shown in Figure 1. The commercial PEA
(PK4FYC2 by Thorlabs), with a 38.5 µm range, was actuated within a 0–150 V range by the piezo
driver (KPZ101 by Thorlabs). The driver was simultaneously controlled by the myRIO (by National
Instruments), which functioned as the real-time controller, feeding the driver a 0–10 V control signal.
The proposed SMCPE–PID controller, as well as the proportional-integral (PI) and conventional SMCPE
controllers used for comparison, were all implemented with Labview, which was supported by the
myRIO. The myRIO could work connected to a computer for easier monitorization and data acquisition
of the control, or as a standalone controller. The displacement of the actuator was measured with a
strain gauge integrated on it. The obtained displacement signal was amplified by the strain gauge
pre-amplifier (AMP002 by Thorlabs) and the position of the actuator obtained with the strain gauge
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reader (KSG101 by Thorlabs) connected to it. The position of the PEA was then passed to the myRIO
in a 0–10 V range to close the control loop.
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2.2. Dynamic Modelling
Given that the performance of the motion tracking would be better when including the hysteresis
model, since the system uncertainties would be smaller, the Bouc–Wen hysteresis model was considered.
This model was used because it has few parameters and is quite easy to integrate with the rest of
the model. Besides, it has already been verified that the Bouc–Wen model is suitable to describe the
hyster sis loop of PEAs [23].









u(t)− β∣∣ .u(t)∣∣ |h(t)|n−1 h(t)− γ .u(t)|h(t)|n (2)
where the parameters m, b, k, and x indicate the mass, damping coefficient, stiffness, and displacement
of the PEA, respectively. d is the piezoelectric coefficient, u represents the input voltage, and h denotes
the hysteretic loop in terms of displacement where the magnitude and shape are determined by
parameters α, β, γ, and the order n, where n governs the smoothness of the transition from the elastic
to plastic responses. The piezoelectric coefficient indicates the relationship between the displaceme t
of the PEA and the voltage applied to i . Usually, this relati nship is a linear one, meaning d is a
constant value: The relationship between the maximum displacement range and the maximum input
voltage range (38.5 µm/150 V = 2.5667 × 10−7 m/V, in this case). But as seen in the hysteresis loop
(Figure 2), the PEA used in the experiments does not behave linearly. Therefore, the relationship
between the input voltage and displacement will need to be modelled, so this relation should be
estimated experimentally for our piezo actuator.
For the el stic structure and m erial, n = 1 is assig ed in (2) as us al. In addition, p indicates
the overall perturbation of the system from model parameter uncertainties, unmodelled dynamics,
and other unknown terms. These perturbations will be estimated later in Section 2.3.1.
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2.2.1. Voltage–Displacement Curve
As explained before, when the experimental validation has been carried out, it has been noticed
that a nonlinear relationship exists between the applied input voltage and the displacement of the PEA.
This nonlinearity is not related to the hysteresis, which, as seen in (1), only increases or decreases the
displacement around th term d·u. Therefore, the relation be ween th voltag and the displacement
d should be considered as a nonlinear term, and it was approximated as a curve consisting of the
average of the values in the hysteresis loop, as shown in Figure 2. Using the Curve Fitting Toolbox by
Matlab (R2017a), the curve was defined as x = p1 × u3 + p2 × u2 + p3 × u+ p4, where p1 = 1.553 ×
10−13, p2 = −8.621 × 10−10, p3 = 3.567 × 10−7, and p4 = 6.765 × 10−7.
2.2.2. Model Identification with Parameter Estimation Toolbox for Matlab
The six other parameters m, b, k, α, β, and γ were identified simultaneously using the parameter
estimation toolbox for Matlab/Simulink, using the nonlinear least squares method and Trust Region
Reflective algorithm.
The model i entifi ation process w performed offline as follows:
1. The experimental data for the model identification was obtained using three different input
signals: Full-range (0–150 V) ramp, sinusoidal, and varying frequency sinusoidal signals,
which will be described in Section 2.2.3.
2. A dynamic model for simulating the PEA, which includes Bouc–Wen hysteresis, was implemented
in Matlab/Simulink.
3. The parameters were estimated for the si ulation results to match the experimental data.
4. Additional experimental data, also described in Section 2.2.3, was used for the verification of
the model.
The results obtained for the parameters are displayed in Table 1. The resulting modelled hysteresis
loop and the experimental loop are displayed in Figure 3, for the data used for identification and for
the data used for verification.
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2.2.3. Signal Description
Three different signals were used for the model identification. All three of them covered the whole
0–150 V range available in the actuator and lasted for 15 s. They were chosen for the identification
because they were the signals expected to be used for future applications.
The signals were the following:
1. The ramp signal for identification went from 0 to 150 V with a 20 V/s constant growth, and then
back to 0 V with the same speed. For verification, it went from 0 to 150 V with a 40 V/s constant
growth, then back to 0 V, back to 150 V, and finally back to 0 V, all with the same speed.
2. The sinusoidal signal had a 75 V amplitude, 75 V offset, 0.2 Hz frequency, and −pi/2 rad phase.
For verification, it was the same signal but with a 0.4 Hz frequency.
3. The varying frequency sinusoidal signal had 75 V amplitude, 75 V offset, −pi/2 rad phase, and a
frequency that went from 0.2 Hz and increased by 0.2 Hz after each cycle. No varying frequency
sinusoidal signal was used for verification, since the identification data already covered a wide
spectrum of frequencies.
2.3. Controller Design
The SMC technique is proposed in this work, due to its robust performance under model
imperfections and uncertainties. Thus, this controller can compensate for both the errors in the
model and other uncertainties. The next subsections describe the design of the conventional SMCPE
and SMCPE–PID controllers for the PEA.
2.3.1. Conventional SMCPE
A perturbation estimation strategy already studied in the literature [4] was used, which resulted
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where η is a positive switching gain and sgn(s) represents the signum function, as defined in (8):
sgn(s) =

−1, f or s < 0
0, f or s = 0
1, f or s > 0
(8)
Due to the discontinuity of the sign function, the control input may have chattering. To reduce
this phenomenon, the boundary layer technique was used by replacing the signum function in (7) with
a saturation function as follows:
sat(s) =
{
sgn(s), f or |s| > δ
s/δ, f or|s| ≤ δ (9)
where the positive constant δ represents the boundary layer thickness, which makes sure that s is
always bounded by δ. When selecting parameter δ, a tradeoff between chattering and tracking error
should be taken. The control gain η depends on the upper bound of the perturbation error, and is
usually tuned experimentally, since there is no universal method yet.
2.3.2. Improved SMCPE
In this section, an improved SMCPE with a PID-type sliding surface is designed.








where the error is described by (5), and λ1 and λ2 are design parameters and positive constants.
These control gains should be selected so the characteristic polynomial s2 + λ1s+ λ2 = 0 is strictly
Hurwitz, i.e., a polynomial with roots located strictly in the left half of the complex plane. This
condition ensures that e(t) tends to zero once the system reaches the sliding surface s(t) = 0.
The control law for the system (4), with sliding surface (10) and position error e given by (5),
which satisfies lim
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where η is a positive switching gain, sgn(s) represents the signum function, and the time indices have
been omitted for the sake of brevity of presentation.
As stated before, the effect of the chattering was reduced by substituting the signum function in
(11) with the saturation function in (9).
Furthermore, replacing (3) into the control law (11) yielded the following:
u(t) = u(t− T) + 1
d








The values for the controllers were obtained experimentally, since the parameters of the controllers
could not be calculated analytically given that the system was not linear. These values are displayed in
Table 2. Several iterations were done in order to adequately tune the controllers’ parameters.
In the experiments, the values for the controllers’ parameters were experimentally tuned,
taking into account the influence of these parameters in the controller performance. In the selection of
these parameters, the following rules should be taken into account [24]. An increase in parameter η
results in an increase in the absolute value of the control signal, but also increases the oscillation of
the signal. This implies that an increment in η results in an increment in the system response speed
and in the compensation of the uncertainties, but unfortunately also implies more activity control and
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more chattering that are undesirable in a real applications. On the other hand, the values of λ, λ1,
and λ2 are related to the speed of the error convergence to zero when the system reaches the sliding
surface. For example, an increment in λ implies an increment in the error convergence speed to zero,
but also implies a bigger increase of the initial value of the sliding variable s(0) =
.
e(0) + λe(0). Finally,
an increment of the control parameter δ reduces the chattering but also increases the tracking error.














The performances of the SMCPE and SMCPE–PID controllers designed above were verified by
experimental studies conducted in the subsequent section.
3. Experimental Results
Several experiments were carried out in order to ensure the designed controllers for the PEA
offered a better performance than the usual ones. The performance of a PI controller was taken as a
baseline and its performance was first compared to the conventional SMCPE. Then, the conventional
SMCPE and SMCPE–PID were compared. Some tests were also carried out using the sliding mode
controller without taking into account the effect of the hysteresis, to observe the improving effect the
inverse hysteresis model had in the control of the PEA.
The signals used for these experiments were a ramp signal and a sinusoidal signal. They were
similar to the ones described in Section 2.2.3, but in this case the signal range used for the experiments
was 10–140 V, instead of the full 0–150 V range the PEA offers. This range was more than enough for
application purposes, since it only reduced by 13.33% the 38.5 µm displacement range on the actuator,
and prevented having any issues with controllability in the endpoints of the range. When moving the
PEA to the endpoints of the working range, the control signal usually surpasses these borders in order
to obtain a faster response, but as the input voltage was limited to the 0–150 V range, the control signal
was smaller than it should have been, causing a very slow response.
Finally, the graphs displayed correspond to the position output and position error to visualize the
behavior of the system, the control signal to understand how the controllers work, and the resulting
position–reference graphs to easily visually compare with the open-loop hysteresis graphs and verify
that the hysteresis effect was eliminated. The integral of the absolute magnitude of the error (IAE)
performance indicator was also calculated and analyzed in order to compare the control qualities of
the different controllers. Note that the displacement error of the PEA is in micrometers, hence the low
values of the IAE performance indicator for the different controllers and reference types.
3.1. Comparison of the SMCPE with and without Hysteresis
First, the effect of the hysteresis in the SMCPE controller was studied to highlight the importance
a good inverse hysteresis model can have in the performance of the control system. This was done by
utilizing the sliding mode controller in (7) without taking into account the effect of the hysteresis (h),
and comparing its results to the ones obtained with a SMCPE controller with the hysteresis as feedback.
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A ramp signal was used to test the controllers, generating a reference that went from 10 to 140 V
with a 17.33 V/s constant growth, and then back to 10 V with the same speed. This translates to a
2.57–35.93 µm range. The obtained error is seen in Figure 4b. The average errors were very similar in
both cases, but when the hysteresis was ignored, the variations in the error were much higher. As the
hysteresis was not considered when estimating the perturbation, the results given by the controller
were worse, as the hysteresis still happened and was not considered.
The sudden change in the error at 7.5 s came from the change in the reference, as seen in
Figure 4a. The displacement speed reference presented a step change from a positive to a negative
value. Obviously, the real displacement speed could not track this step change in the speed due to the
system inertia, and this delay was the cause of the step that appeared in the position error.
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3.2. Comparison of the SMCPE with and without the Saturation Function
As mentioned in Section 2.3.1, saturation function (9) replaces signum function (8) in the control
equation (7) in order to reduce chattering in the output. In Figure 5, the response of the system for the
ramp signal defined in Section 3.1 is shown, when the saturation function was not implemented in (7).
The value used for the original SMCPE was η = 25, as seen in Table 2, and resulted in a very
high-amplitude chattering. Reducing η made the amplitude in the chattering smaller, as seen with
η = 3, but it was still present. However, reducing η too much (η = 0.2) will end up making the control
signal insufficient, resulting in a worse system response, as seen when the reference changes, with a
reduction in the compensation of uncertainties [24–26].Ene gies 2019, 12, x FOR PEER REVIEW 10 of 19 
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3.3. Ramp Signal Tracking
In addition, the capabilities of the PI and conventional SMCPE controllers to follow a ramp signal
reference were comp red. Then, the capabilities of the conventional SMCPE and PID sliding surface
SMCPE co trollers to follow a ramp signal reference were again compared. The reference signal used
for the tests in this section was the same s the one describ d in Section 3.1.
In Figure 6, the performance of the syste for the PI and SMCPE controllers is compared,
when following a ramp signal. In Figure 6a, the reference ramp signal and displacement of the PEA
are shown for both the PI and SMCPE controllers. In Figure 6b, the tracking errors obtained for both
controllers are displayed. The error for the SMCPE controller was both smaller in its average and in
its peak values, as well as having a similar form or pattern, thus being superior to the PI controller
in every aspect. Following this, the IAE performance indicator shows that the SMCPE has a 55.5%
smaller error than the PI (see Table 3). On a side note, an error difference smaller than 0.1 µm may not
seem like much, but as PEAs are used for very high-precision applications, a small error difference like
this can be significant. This is also applicable to the rest of the experimental results.
In Figure 6c, the resulting position–reference graph is displayed, showing that the hysteresis effect
was completely eliminated. Finally, the control signals are displayed in Figure 6d. The control signal
generated by the PI was a little bit more aggressive, which resulted in bigger maximum errors than for
the SMCPE. Besides, there was no chattering at all, which shows that the chattering was eliminated by
the controller, thanks to the saturation function (9) used.
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Table 3. Integral of the absolute magnitude of the error (IAE) performance indicators for ramp signal.
PI 1.9734 × 10−6
SMCPE 8.7837 × 10−7
SMCPE-PID 5.4097 × 10−7
3.4. Constant Reference Tracking
In order to compare the performance of the PI, SMCPE, and SMCPE–PID under a constant
reference, the following experimental validation was carried out. The control laws of both the SMCPE
and SMCPE–PID controllers have a double derivative of the position reference (see (7, 11)). For this
reason, a step signal could not be used as a reference for them, and a ramp signal followed by a
constant reference was used instead. This signal went from 10 to 140 V with a 17.33 V/s speed and
then stayed at 140 V for 7.5 s.
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Results can be seen in Figure 8. As seen in Figure 8b, in the constant reference part, the response
of the system was very similar for all the controllers. Meanwhile, in the ramp portion of the signal,
the SMCPE–PID had the best performance, followed by the SMCPE, as analyzed in the section
before. In other words, the constant reference tracking performance was mostly the same for the three
controllers, but the SMCPE–PID had a better position tracking than both the SMCPE and PI.
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3.5. Sinusoidal Motion Tracking
The capabilities of the discussed controllers to track a sinusoidal signal were also examined.
For this purpose, the tracking error and generated control signal were tracked and analyzed.
The ref r nce signal to study the sinusoidal motion tracking was a 0.2 Hz and 130 V
peak-to-peak inusoidal signal, with a 10 V offset. Thus, th position reference stayed in the
2.57–35.93 µm range.
In Figure 9, the xperimental results of t , entional SMCPE, and improved SMCPE–PID
for sinusoidal motion tracking are is l . First, in Figure 9a, the reference signal and PEA
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displacements for the PI and SMCPE controllers are presented. As in this graph the differences
between the controllers are not that evident and its only purpose is to lay out the reference signal and
the outputs, the tracking error is then displayed in Figure 9b. The same is done for the SMCPE–PID
controller, comparing its results to the results of the SMCPE in Figure 9c. All the controllers had the
same pattern regarding the reference signal: The tracking error was the biggest when the voltage
change was zero, and the smallest when the voltage change was the maximum. From the three
controllers, the SMCPE–PID had the smallest error, both in average and peak-to-peak. As for the IAE
performance indicator, it shows that the SMCPE controller was 56.9% better than the PI, while the
SMCPE–PID was 40.9% better than the SMCPE and 74.5% better than the PI (see Table 4).
The position–reference graph is also presented in Figure 9d,e, showing that the effect of the
hysteresis was greatly decreased in both the SMCPE and the SMCPE–PID controllers, while it was still
visible with the PI controller.
Finally, the control signals generated by the controllers, PI vs. SMCPE and SMCPE vs.
SMCPE–PID, are displayed in Figure 9f,g, respectively. As with the control signal in the ramp signal
tracking, the PI controller was a bit more aggressive than the others. Besides, there was no chattering
to be seen.
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Table 4. IAE performance indicators for sinusoidal signal.
PI 6.0586 × 10−6
SMCPE 2.6139 × 10−6
SMCPE-PID 1.5441 × 10−6
4. Conclusions
In this paper, the experimental performance of a SMCPE and a SMCPE controller with a PID-type
sliding surface were examined for motion tracking of a com ercial PEA, comparing the to the
more traditional PI controller. For the experi ental validation, a control text bench as designed and
constructe using a co ercial piezoelectric actuator, a piezo river, a strain gauge sensor, and a
real-ti e e bed e e al atio oar I . oreo er, so e si al a a tatio e ices and so e
signal filters were also designed and i le e te .
The i porta c f a st r sis l s f s t r ti f ction (9) for the correct
perfor ance of the S c t ll l t t s f l eri ents
over a i l iezoelectric actuator. As for th resul s, the ramp signal, constant ref rence,
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and sinusoidal motion tracking experiments showed that the proposed SMCPE–PID controller
can improve the tracking performance, with the smallest peak-to-peak error and IAE performance
indicator of the analyzed controllers, proving that it is a feasible control approach to deal with model
imperfections and uncertainties for nonlinear systems.
With the proposed controllers, a submicron accuracy motion tracking has been achieved by the
piezoelectric actuator. Since the implementation of the controller does not require any bounds on
uncertainties and unknown parameters of the system, the proposed control can be used in the field of
micro/nano-scale manipulation.
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